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Addendum to
"An extension of the theory of Fredholm determinants”

by D. Ruelle

In deriving (2.12) we have used the inequality

1 42l < const (eP*8)% (2.13)
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beJk

which we shall now prove. Given § >0, we let Py = lo,| + Bllg Il , and

define ‘ITLkﬁ , ‘ITl.l((';) with ¢ replaced by P - We first check that
ll‘m.k xbll < C(B) u‘m.kB x*ll (2.14)

where C(B) does not depend on £ . We may indeed write

(M )3 (0 = [ udoy)...u(doy)

apmz(x).--wml(wa,z--- Y, xx)

where the integral is restricted to those (0)1,...,0):) for which there is a

permutation = such that

V(g @) V(i @) = b
and € = sign n . Therefore

If xye X. n..nX. , we have also
Jg Jk
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We may assume that llg fl is bounded uniformly with respect to

(this can be achieved by a change of the measure up ). We may then

write

l X) - |
(p‘”l(w“’m VYo, ) (p“’n(w“’m W"’:y)
< ll(pmlll (64 71d(x,y))* < const (p“’lﬁ(w“’wl \vmzx) g 4-Dg(x,y)®

and similarly

wa,rﬁ(wmm T ly)

A-
< ‘pmrﬁ (\ymr+1 \ymzx) (1+const 84Dy (2.15)

Therefore
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and (2.14) follows.
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From (2.15) we also obtain

(Mgs %22 () < CB) (Mg x3)3(0)

where C'(B) does not depend on 2 . Therefore

2
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and finally
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< C"(B) (PP

where eP(® s the spectral radius of TN, kB * Note that M, kB is close in

norm to I, | for B small

M- 1T < B [ u(de) g, 0.

Using the upper semicontinuity of the spectral radius we may thus
choose P such that

Y uim (1:) x; < C"(B) (eP+e)4

- (2)
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i.e., (2.13) holds as announced.

A similar argument may be used to obtain the inequality
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> M A((-x(b)" ) € const(eF )2 (g4l
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which is needed in the proof of (3.11).
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