ALDO ANDREOTTI

EDOARDO VESENTINI

Erratum : Carleman estimates for the Laplace-Beltrami
equation on complex manifolds

Publications mathématiques de ILH.E.S., tome 27 (1965), p. 153-155
<http://www.numdam.org/item?id=PMIHES_1965__ 27 153_0>

© Publications mathématiques de 1’I.H.E.S., 1965, tous droits réservés.

L'acceés aux archives de la revue « Publications mathématiques de I'LH.E.S. » (httpy/
www.ihes.fr/IHES/Publications/Publications.html) implique I’accord avec les conditions géné-
rales d’utilisation (http://www.numdam.org/conditions). Toute utilisation commerciale ou im-
pression systématique est constitutive d’une infraction pénale. Toute copie ou impression de
ce fichier doit contenir la présente mention de copyright.

‘NuMDAM

Article numérisé dans le cadre du programme
Numérisation de documents anciens mathématiques
http://www.numdam.org/


http://www.numdam.org/item?id=PMIHES_1965__27__153_0
http://www.ihes.fr/IHES/Publications/Publications.html
http://www.ihes.fr/IHES/Publications/Publications.html
http://www.numdam.org/conditions
http://www.numdam.org/
http://www.numdam.org/

ERRATUM TO :

CARLEMAN ESTIMATES
FOR THE LAPLACE-BELTRAMI EQUATION
ON COMPLEX MANIFOLDS

by ALbo ANDREOTTI and Epoarpo VESENTINI
(Publications Mathématiques de I’Institut des Hautes Etudes Scientifiques, n° 25)

1. We draw the attention to a mistake which appears in the above quoted paper
due to an error in computation. This has to be corrected as indicated below; the rest
of the paper remains unchanged.

In the formula (29) p. 102 the curvature tensor s3g, g of the metric on the bundle E
should be replaced by the expression of the ¢ covariant curvature tensor

~a_  __YJ_ Ja
S58;8= V5, ltp>

and this is because we use the Riemannian connection on the bundle 0"
Accordingly in formula (31) p. 102 the curvature forms s and L should respectively

»

be substituted by the ¢ covariant ” curvature forms s and L.

2. In the following § 5 the use of covariant curvature would however be cumber-
some and it is therefore better to abandon the Riemannian connection and make use
exclusively of the é-connections and d-connections (see 2 ) and 3 a)) to establish the
inequality we need following the same lines. The argument we shall presently give
has to be added as section 15 ¢) of the paper.

First we note that, in terms of covariant derivatives with respect to the considered
connection, the operator @ has the expression

0=0+S5,
where for ¢eCP(X, E):
g+1
(09)35,...8,, =(— 1" T (— 1)V ¢, 5. 5,00
q+1 o
(S9)38,...0,, = (=17 (1) 7S50, 038,10 B By

Sg, being the torsion tensor as defined in n® 3 a).
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154 ALDO ANDREOTTI AND EDOARDO VESENTINI

Analogously we see that
0=0+T
where T=—x# "!S#x, and for ¢eCP(X, E)
(Be)is,...5,., = (— 1P 1EV,0%%, .

We now consider the vectors £ and % introduced in 14 4) (the covariant derivatives
being intended to be with respect to the 9- and 2- connections). We have

div {—div 9= ZVBE:G—EV?")?—QZ(STET—_S‘,V);),

Byerr

where S_=2XS%. A calculation of the same type as the one given in 14 b) gives:

(33" IV EP— Vo= (g—1) ! {A(Ve, Vo) + A(A 9, 9)—A(de, d9)—A(Bo, B9)},

where now
g
(Fo)a= 2 (— 1) {Zstsp0ifait SLo0 05+ S(— 1)V EL% 500", ")

For ¢e2?(X, E), by Stokes formula we get
(%) 199112+ (g, @) =|| Do |2+ B2+ 2 [ B(S.E"—S,77)dX.
We have the following estimates

186l <2 (1| Boll*-+ [|Spl1%) < 2[e] 2+ [, |S[?Al, #)dX,

[1Bg]j2<2(1100 |2+ | To |I) 2|66 |2+ [ |S[*Als, 9)dX,

| [ (Z8.20dX | <c{e[ IS A, 0)aX +1 [ AT, Vg)aX},

| [ (E8a)dX | <cfe[ IS PA, 9)dX + [ A(By, B)ax},

where ¢ is a universal positive constant, ¢ any positive number and |S|? is the length
of the torsion tensor.
We substitute these four estimates, with e=4¢, in (x). If we set

A=A — (160 +2) S |?
we obtain an inequality of the type
[ Voll2+cx(H e, @) Seof|| D02+ || 60|12}
where ¢, ¢, are positive universal constants. Proposition 15 and its corollaries can thus
be stated using this expression of . '
3. The use of identity (33’) instead of identity (33) simplifies the argument of
section 17 d) in that that no covariant Levi form has to be introduced. What follows
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replaces thus 17 d) from line 7 from below of p. 112 onwards. From (33") we get (with
the notations of 17 d))

(J—_f—),f”(i—mnds = ||Vellk + (Zo, 9)x—I 0]k —10¢ |k —2 [ 5 (s 55, )4y

hence
e - I 1 2 N
Ve lly+ (e, @)Y‘i‘('s—:ﬁfﬂmg(f){% o}dS=|[d0|[+[| Ve,
and thus as in section 15¢) we derive the inequality

I¥ollyta( e, @)yt (7 [u a2 e 23aS <all Zo |+ 1] 0g| )

If Z(f)has n—q -1 positive eigenvalues at each point of &Y we can choose a hermitian
metric so that /4, >¢, at each point of dY with ¢,>o0. Also we can replace the metric 4
on the fibers of E by ¢!/lh. We will have

I

oo gD e 0348 > [ Als, a8,

Ar(fq)’ <P) Z C4TA1(CP: CP)9

with positive constants, ¢; and ¢, for any t>1, with a convenient 7,>o0, and for any
peB”*(Y, E) with supp(e)CU, provided s>g¢. From this we obtain by the same
argument as the one given there (p. 113 from line 11 from below onwards) the las
inequality of 17d) (*).

(n) T/l

(1) In the expression of ||¢||<, there is a misprint: e /

should replace ¢™.
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